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(3) $[a_{0} a_{1} a_{n}]$







































$x=\xi$ $a_{i}$ , $b_{j}$
(1) (2) $f$ (x)
$f(x)=0$ $a_{i}$









$\text{ }$ $n\geq m$ ,
$a_{n}\neq 0$ $b_{m}\neq 0$ -. $n$ $n$
1
$(8_{1})$ $h_{1}(x)=c_{10}+c_{11}x+\cdots+c_{1,n-1}x^{n-1}=0$
$f$ (x) $x^{n-m}g$ (x) $n$
$(9_{1})$ $h_{1}(x)=b_{m}f(x)-a_{n}x^{n-m}g(x)$
$1<i\leq m$ $i$
$(8_{i})$ $h_{i}(x)=c_{i,0}+c_{i,1}x+\cdot$ . . $+c_{i,n-1^{X^{n-1}}}=0$
$i-1$ $h_{i-1}(x),$ $f$ (x) $x^{n-m}g$ (x)
$(9_{i})$ $h_{i}(x)=xh_{i-1}(x)+b_{m-i+1}f(x)-a_{n-i+1}x^{n-m}g(x)$












(13) $\{\begin{array}{llll}c_{10} c_{11} \vdots c_{1,n-1}c_{20} c_{21} \vdots c_{2,n-1}c_{n0} c_{n1} \vdots c_{n,n-1}\end{array}\}$
$n\mathrm{x}n$
(
) (12) 1 $c_{10}$ 2
$c_{20}$ . . . 0
$c_{i0}$












































$\ovalbox{\tt\small REJECT}^{m}$ $b_{m}^{m}$ :
(16) $\mathcal{R}(f, g)=|\begin{array}{lllllll}c_{10} c_{11} c_{1,n-1}c_{20} c_{21} c_{2,n-1}c_{m,0} c_{m,1} c_{m,n-1}b_{0} b_{1} b_{m} 0 00 b_{0} b_{1} b_{m} 0 00 \ddots . 00 0 b_{0} b_{1} b_{m}\end{array}|$
$\xi_{i}$
$\eta_{j}$ (6) (7) :
(17) $f(x)=a_{n} \prod_{i=1}^{n}(x-\xi_{i})$ , $g(x)=b_{m} \prod_{j=1}^{m}.$($x-\eta$j)
122
(18) $\mathcal{R}$(f, $g$ ) $=a_{n}^{m}b_{m}^{n} \prod_{i=1j}^{n}\prod_{=1}^{m}(\eta_{j}-\xi_{i})=b_{m}^{n}\prod_{j=1}^{m}f(\eta_{j})=(-1)^{mn}a_{n}^{m}\prod_{i=1}^{n}g(\xi_{i})$
[48, 53, 54]
(19) $\mathcal{R}$(f, $g$ ) $=0$
(6) (7) $a_{i}$ , $b_{j}$




$n=2,3$ , $4$ $n$
$n=3$
$n=5$ 0
[16] $\mathrm{U}$ [18] [19]
$n=4$
(20) $\{$
$D$ $C$ $B$ $A$
$H$ $G$ $F$ $E$
$L$ $K$ $J$ $I$
$P$ $O$ $N$ $M_{1}$
$D+$ $Cx+$ $Bx^{2}+$ $Ax^{3}$ $=$ 0
$H+$ $Gx+$ $Fx^{2}+$ $Ex^{3}$ $=$ 0
$L+$ $Kx+$ $Jx^{2}+$ $Ix^{3}$ $=$ 0
$P+$ $Ox+$ $Nx^{2}+$ $Mx^{3}$ $=$ 0
1 $D$ 1 $GJM$
[DGJM $|0|$ CGJM $|$ BGJM $|$ AGJM]
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(22) $\{\begin{array}{llll}D B A CH F E GL J I KP N M O\end{array}\}$ $\{\begin{array}{llll}D A C BH E G FL I K JP M O N\end{array}\}$



















(24) $\{\begin{array}{lllll}E D C B AJ I H G FO N M L KT S R Q P\mathrm{Y} X W V U\end{array}\}$ , $\mathrm{Y}+O+T+E+J+$ $Xx+Nx+Dx+Sx+Ix+$ $Wx^{2}+Mx^{2}+Hx^{2}+Rx^{2}+Cx^{2}+$ $Vx^{3}+Qx^{3}+Bx^{3}+Gx^{3}+Lx^{3}+$ $Kx^{4}Px^{4}Ux^{4}Fx^{4}Ax^{4}$ $=====$ $00000$
(21)
E $IMQ$ $U$ EXR $LF$
JNRVA JDWQK
(25) $OSW$BF $OICVP$ 1 2 345
TXCGK TNHBU
YDHLP YSMGA
, $n=2,3$ , $4$ $n=5$
[18] [19]
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$[43]_{\text{ }}$ 1764 B\’ezout [45]







Newton [41] Euler [42]




1764 Euler [44] (14) $\mathcal{R}(f, g)$
0 Euler (6), (7) $\omega$
$f(x)=(x -\omega)(\alpha 0+\cdot.$. $+\alpha_{n-}1xn-1)$
$(27)$
$g(x)=$(x-u) $(\beta 0+\cdot.$. $+\beta_{m-1}x^{m-1})$
(28) $f(x)(\sqrt 0 \dagger \cdots+\beta_{m-}1xm-1)=g(x)(\alpha_{0}+\cdots+\alpha_{n-}1xn-1)$
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$n+m$ 1 $\alpha_{0},$ $\cdots,$ $\beta_{m-1}$
(27)
( ) (14) Sylvester 1840 [47]
Cauchy [48] Sylvester $n=m=2$
[ -]B\’ezout
. ( ) (18)




Arithmeticae Jacobi 1843 Cayley [49]
–
5.




(29) $\mathcal{R}$(f, $f’$ ) $=0$
(30) $f(x)=a_{n} \prod_{i=1}^{n}(x-\xi_{i})\Rightarrow\}$ $f’(x)=a_{n} \sum_{i=1j}^{n}\prod_{\neq i}$ ($x-\xi$j)
(31) $\mathcal{R}$(f, $f’$ ) $=(-1)a_{n}^{2n-1} \underline{n}4\frac{n-1}{2}(\prod_{i<j}(\xi_{i}-\xi_{j}))2$
(14) $a_{n}$
(32) $D(f)=(-1)a_{n}^{-1} \mathcal{R}(f, f’)=a_{n}^{2n-2}[perp] nn-\neq 1(\prod_{i<j}(\xi_{i}-\xi_{j}))2$
$f$ (x)
(33) $D(f)=a_{n}^{-1}\mathcal{R}(f, f’)=n^{2-n}\mathcal{R}(nf-xf’, f’)$
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Determinants, resultants and discriminants
in Japan in the seventeenth century and
in Europe in the eighteenth and nineteenth centur\’ies
Takefumi Goto and Hikosaburo Komatsu
It is by no.w well known that Japanese mathematicians introduced determinants
in the seventeenth century as a means of eliminating an auxiliary unknown ffom $\mathrm{a}$
system of algebraic equations with more than one unknowns. Less known are the
128
details of their method and the reason why it works, even to the historian of Japanese
Mathematics. We pursue their calculations mainly in two papers of Seki Takakazu
$(1642?-1708)$ dated 1683 and 1685 and in ‘Complete Books of Mathematics’ written
in 1683-1710 by Seki, Takebe Kataakira (1661-1716) and Takebe Katahiro (1664-
1739), and show that their method of elimination is the same as that in a paper of
Etienne B\’ezout (1739-1783) submitted to the Academy in Paris in 1764.
Given two algebraic equations $f=0$ and $g=0$ of degree $n,$ they construct $n$
equations of degree less than $n$ as linear combinations of the original with polynomial
coefficients. Then, the resultant $R(f, g)$ is defined to be the determinant of their
coefficients. Equating it to 0, we obtain an eliminated equation. Compared with the
method of Euler (1764) and Sylvester (1840), this reduces the size of the defining
determinant to a half.
In the second paper Seki introduced the discriminant of an equation $f=0$ as
the resultant of $f$ and its derivative $f’.$ His motivation was to know the change
of numbers of positive or real roots as a coefficient of the equation varies but he
didn’t care about the sign of the discriminant. A possible reason is that in their
terminology a polynomial $f$ could not be distinguished ffom the equation $f=0$.
Seki’ $\mathrm{s}$ first paper had an error with regard to the expansion of determinants of
order $\geq 5.$ Although many corrections have been published since 1715, none of them
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